The purpose of this paper is to prove the existence of fixed points of contractive mapping defined on G-metric space where the completeness is replaced with weaker conditions. Moreover, we showed that these conditions do not guarantee the completeness of G-metric spaces.
Introduction
The study of metric fixed point theory has been researched extensively in the past decades, since fixed point theory plays a major role in mathematics and applied sciences, such as optimization, mathematical models, and economic theories.
Different mathematicians tried to generalize the usual notion of metric space X, d such as Gähler 1, 2 and Dhage 3-5 to extend known metric space theorems in more general setting, but different authors proved that these attempts are unvalid for detail see 6-8 . In 2005, Mustafa and Sims introduced a new structure of generalized metric spaces see 9 , which are called G-metric spaces as generalization of metric space X, d , to develop and introduce a new fixed point theory for various mappings in this new structure. The Gmetric space is as follows. Definition 1.1 see 9 . Let X be a nonempty set, and let G : X × X × X → R , be a function satisfying the following: 
The Main Results
In this section we will prove several theorems in each of which we have omitted the completeness property of G-metric space and we have obtained the same conclusion as in complete G-metric space, but with assumed sufficient conditions.
Theorem 2.1. Let X, G be a G-metric space and let T : X → X be a mapping such that T satisfies that
A3 there is x ∈ X; {T n x } has a subsequence {T ni x } G-converges to u. Then u is a unique fixed point (i.e., Tu u).
Proof. G-continuity of T at u implies that
B u, and B 2 B Tu, where
Hence our assumption implies that we must have
On the other hand we have from A1 ,
but, by axioms of G-metric G3 , we have
So, from 2.3 and 2.4 , we see 2.2 becomes
where q a/ 1 − b c and q < 1, since 0 < a b c < 1. Hence 2.3 and 2.5 implies that
For l > j > N 1 and by repeated application of 2.6 we have
2.7
So, as l → ∞ we have lim G T n l x , T n l 1 x , T n l 1 x ≤ 0 which contradict 2.1 , hence Tu u.
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Suppose there is v ∈ X; Tv v, then from A1 , we have
This prove the uniqueness of u.
In 10 we have proved the following theorem.
Theorem 2.2 see 10 . Let X, G be a complete G-metric space and let T : X → X be a mapping satisfies the following condition for all x, y, z ∈ X: G T x , T y , T z ≤ aG x, T x , T x bG y, T y , T y cG z, T z , T z dG x, y, z ,

2.9
where 0 ≤ a b c d < 1, then T has a unique fixed point, say u, and T is G-continuous at u.
We see that if we take d 0, the following theorem becomes a direct result. If we compare Theorem 2.3 with Theorem 2.1, we see that in Theorem 2.1 we have omitted the completeness property of the G-metric space and instead we have assumed conditions 2 and 3 . However, the following examples support that conditions 2 and 3 in Theorem 2.1 do not guarantee the completeness of the G-metric space.
and G x, y, z max{|x − y|, |y − z|, |x − z|}. Then X, G is G-metric space but not complete, since the sequence x n 1 − 1/n is G-cauchy which is not G-convergent in X, G . However, conditions 2 and 3 in Theorem 2.1 are satisfied. Proof. Let z y in condition A1 , then we see that every mapping satisfies condition C1 will satisfy condition A1 , so the proof follows from Theorem 2.1. Proof. Let z y in condition B1 , then we see that every mapping satisfies condition D1 will satisfy condition B1 , so the proof follows from Theorem 2.5. for all x, y ∈ X, where a k/ 1 − k , b 2k/ 1 − k , and a b < 1, since k < 1/4. So, condition C1 is satisfied and the proof follows from Corollary 2.6.
